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Abstract— This paper studies the contact stability and contact
safety of a robotic intravascular cardiac catheter under blood
flow disturbances while in contact with tissue surface. A
probabilistic blood flow disturbance model, where the blood
flow drag forces on the catheter body are approximated using
a quasi-static model, is introduced. Using this blood flow
disturbance model, probabilistic contact stability and contact
safety metrics, employing a sample based representation of
the blood flow velocity distribution, are proposed. Finally, the
contact stability and contact safety of a MRI-actuated robotic
catheter are analyzed using these models in a specific example
scenario under left pulmonary inferior vein (LIV) blood flow
disturbances.

I. INTRODUCTION

In the robotic-assisted atrial fibrillation ablation proce-
dure, a robotically controlled intra-cardiac catheter is guided
within the left atrium (Fig. 1) to create lesions that would
prevent conduction of irregular electrical activities by per-
forming point-by-point radiofrequency ablation [1].

In radiofrequency ablation, the contact force between the
catheter tip and the target tissue is critical for effective
lesion formation. As the catheter ablation requires point-
by-point creation of lesions on the tissue surface, it is
crucial for the robotic catheter to maintain a stable contact
with desired contact force under blood flow disturbances
during the ablation. Specifically, the stable contact ensures no
slippage between the catheter-tip and the tissue surface under
the blood flow disturbances, and the safe contact ensures a
normal contact force within the desired force limits under
the blood flow disturbances. While contact force control
under surface motion disturbances has been investigated by
multiple studies (e.g., [2]–[7]), to the best of our knowledge,
contact stability under blood flow disturbances has not been
previously studied in the literature.

This paper investigates the contact stability and contact
safety of a robotic catheter under blood flow disturbances
given tip position constraint on the tissue surface. The MRI-
actuated robotic catheter [8], [9] designed for performing
intra-vascular cardiac interventions, including circumferen-
tial pulmonary vein ablation for treatment of atrial fibril-
lation, is used as the underlying example robotic catheter
platform. In the present study, a pseudo-rigid-body (PRB)
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Fig. 1. Illustration of the robotic catheter ablation procedure [8].

model [10], [11] is employed to model the catheter me-
chanics. The blood flow disturbances are modeled using a
probabilistic model, where the blood flow disturbance model
approximates the blood flow drag forces on the catheter body
using a quasi-static model, assuming the blood flow to be
constant and uniform within a small time interval. Using
this blood flow disturbance model, probabilistic contact sta-
bility and contact safety metrics are introduced, employing
a sample based representation of the blood flow velocity
distribution. Finally, the contact stability and contact safety
of the robotic catheter are analyzed using these models under
left pulmonary inferior vein (LIV) blood flow disturbances.

The rest of this paper is organized as follows. Related
work is presented in Section II. The pseudo-rigid-body model
of the robot under surface constraint is reviewed in Section
III. The contact model is introduced in Section IV and
the probabilistic contact stability and contact safety metrics
are introduced in Section V. The simulation based contact
stability and safety analysis is presented in Section VI.
Conclusions are presented in Section VII.

II. RELATED WORK

As noted by multiple studies, contact force is one of the
most important determinants of radiofrequency lesion size
[12]–[17]. Adequate contact force must be applied during
the ablation procedure to prevent atrial fibrillation recurrence.
Reddy et al. [12] suggest that the contact force below 10 g
(0.1 N) will cause clinical failure, and the ablation outcome is
best achieved with contact force of > 20 g (0.2 N). Andrade
et al. [13] show that contact force > 20 g can significantly
reduce the rate of arrhythmia recurrence. Wakili et al. [14]
show that contact force > 10 g can create more effective
lesions. Pedrote et al. [15] suggest that excessive contact
force (> 50 g) can provoke steam pop. Thiagalingam et al.
[16] indicate that a “moderate” catheter contact force (20 g)
can increase the possibility of more effective lesions, and a
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“high” contact force of 60 g can cause steam pop. Sohns et al.
[17] also suggest that contact force of 20 g is recommended
and the minimum of 10 g is required.

Dewire and Calkins [18] provide a review of the perfor-
mance of current ablation techniques and technologies. They
conclude that robotic catheter systems can improve safety
of the ablation and reduce the procedure duration. Di et al.
[19] prove that robotic ablation of atrial fibrillation is safe
and effective. Yokoyama et al. [20] present a contact sensing
catheter and investigate the relationship between contact
force and the tissue temperatures, lesion size, and steam pop
under blood flow. Yip et al. [3] use a low-pass filter to block
the blood flow disturbances affecting the position and force
measurement of the controller. Several sensor-less contact
force estimation methods, employing distal shaft measure-
ment or pose measurement based on different kinematic
models of the catheter, are proposed in [21]–[23]. Razban
et al. [24] propose a contact force estimation approach using
contact points tracking and image-based deflection measure-
ment. Haouchine et al. [25] use the visual feedback from
stereoscopic camera for contact force estimation. In [26],
the contact force, modeled by Signorini’s contact model, is
solved numerically as a constrained optimization problem,
and a closed-loop controller regulating the contact force
is designed based on finite element model of the robotic
catheter.

In this study, the desired normal contact force is restricted
to the range from 10 g to 25 g (0.1 N∼0.25 N), and the ability
of the MRI-actuated robotic catheter to maintain the contact
force in this narrow therapeutic range given LIV blood flow
disturbances is investigated. Specifically, the focus is on how
the blood flow disturbances will affect the contact stability
and contact safety of the robotic catheter and what normal
force is required to provide stable and safe contact given
blood flow disturbances.

III. PSEUDO-RIGID-BODY MODEL OF THE CATHETER

In this study, the catheter kinematics is modeled using a
Pseudo-Rigid-Body (PRB) model [10], [11]. Specifically, the
catheter is modeled as a series of pseudo-rigid links joined by
elastic revolute joints (Fig. 2) where each joint is modeled
as a spherical joint. The parametrization of the i-th joint
angles of the robotic catheter is given as θi = [θix,θiy,θiz]

T

[27]. The shape of the catheter can be described by the joint
angle vector θ = [θ T

1 ,θ
T
2 , . . . ,θ

T
n ]

T ∈ C ⊂ R3n, where n is
the number of the pseudo joints, C denotes the configuration
space of the catheter robot [27].

The catheter is actuated by a set of actuators embedded
on the robotic catheter [10], where each actuator contains
one set of tri-axial actuation coils. The magnetic moment
generated by the j-th actuator embedded on the catheter is
computed as µ j = n jZ ju j, where j = 1, ..,M, and M is the
number of actuators. u j ∈R3 denotes the actuation currents,
n j and Z j are diagonal matrices whose diagonal elements are
the number of winding turns and the cross sectional area (in
body frame) of the actuation coils, respectively. Let B j denote
the static magnetic field Bs of the MRI scanner expressed

Fig. 2. The MRI-actuated robotic catheter with two sets of tri-axial
actuation coils subject to the perturbation forces resulting from blood flow
drag forces and the tissue surface constraint. The catheter base frame S is
given as shown. Ψ denotes the surface parametrization. The contact frame
C is chosen such that its origin is located at the contact point of the catheter
and the z-axis is the outward normal of the tissue surface.

in the body frame of the j-th actuator. B j is computed as
B j = RT

s jBs, where RT
s j denotes the rotation matrix of the

frame attached to the j-th actuator relative to the spatial
frame [28]. The resulting Lorentz forces generated on the
coils by the static magnetic field is given by (n jZ ju j)

∧B j =
−B j

∧ (n jZ j)u j, where ∧ is the cross product operator.
These actuation moments can then be mapped to the joint

torques τ(θ ,u) ∈ R3n as [27]:

τ(θ ,u) =
M

∑
j

Jb
su j

T
[

0
B j
∧ (n jZ j)

]
u j = A(θ)u. (1)

Here, Jb
su j

is the body Jacobian corresponding to actuator j,
and

A(θ) =
[

... Jb
su j

T
[

0
B j
∧ (n jZ j)

]
...

]
, (2)

j = 1, ..,M. τ(θ ,u) will be denoted as τu in the rest of the
paper for convenience.

IV. CATHETER-SURFACE CONTACT MODEL

A. Modeling of Blood Flow Disturbances

Periodic blood flow passing through the left atrium will
exert drag forces on the catheter, as depicted in Fig. 2.
Accurately modeling the blood flow inside the heart and the
resulting drag forces on the catheter in their full complexity
would not be computationally feasible to be used as part
of a robotic catheter control scheme. The computational
challenges of the blood flow modeling mainly come from
the non-Newtonian properties of blood. The fluid properties
of blood flow are also sensitive to temperature, hematocrit,
age of red blood cells [29], etc. Therefore, in this study,
a simplified blood flow drag force model will be employed.
Specifically, the blood flow drag forces acting on the catheter
will be modeled as probabilistic perturbation forces. The set
of perturbation forces and their associated probabilities will
be estimated using a quasi-steady flow model. Specifically, a
distribution of blood flow velocities will be generated from a
temporal sampling of the blood flow velocity profile observed
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at the pulmonary veins from where the blood enters into
the left atrium. Then the distribution of blood flow drag
forces will be calculated using these samples of blood flow
velocities, approximating the flow to be steady and uniform
within the small time interval. Since the flows in the left
atrium and great vessels are generally fast and dominated
by inertial forces rather than viscous forces [30], the friction
drag and the viscous drag can be ignored, and the pressure
drag FD applied on catheter can be calculated as [31]:

FD =
1
2

ρCDAv2. (3)

Since the catheter is moved rather slowly by the physician
during ablation for proper lesion formation, v is approxi-
mately the speed of the fluid. A is the projected area of the
catheter on the plane orthogonal to the flow direction, CD is
the drag coefficient which is correlated to the dimensional
ratio [31], and ρ is the density of the blood. The drag applied
on the catheter can be expressed by the lumped drags applied
on each of the catheter pseudo links as shown in Fig. 2. Based
on (3), the lumped force applied on the j-th pseudo link in
spatial frame is given by

fb
j =

1
2

ρCD jA jv2wv, (4)

where j = 0,1,2, ...,n. A j is the projected area of the j-th
pseudo link on the plane orthogonal to the flow direction, CD j
is the corresponding drag coefficient, and wv ∈ R3x1 is the
direction vector of the blood flow velocity in spatial frame,
with ||wv||= 1.

The external wrench at the i-th joint frame is given as:[
f i
e

τ i
e

]
= AdRT

si

[
fb

i

03x1

]
, AdRT

si
=

[
RT

si 0
0 RT

si

]
, (5)

where Rsi denotes the rotational transformation of the i-th
joint frame relative to the spatial frame.

The joint torques, F i
e(θ , v), resulting from the external

wrench acting on the i-th joint can then be calculated as:

F i
e(θ , v) = Jb

si
T (θ)

[
f i
e

τ i
e

]
, (6)

where Jb
si(θ) ∈ R6×3n is the body Jacobian of the i-th joint

[32] with

Jb
si(θ) = [ξ †

1x ξ
†
1y ξ

†
1z . . . ξ

†
ix ξ

†
iy ξ

†
iz 0 0 0], (7)

ξ
†
ik = Ad−1

(eξ̂iθi ...eξ̂nθn gsi(0))
ξik(θi), (8)

where gsi(0) is the inital configuration of the i-th joint, ξik(θi)
is the twist of the i-th joint in k direction, k = x, y, z. ξik(θi)
is computed as [28]:

ξik(θi) = (
∂eξ̂iθi

∂θik
e−ξ̂iθi)∨, (9)

∨ is the operator to extract the R6 vector which parameterizes
a twist [33]. The total joint torque generated by the blood
flow drag is then given as Fe(θ , v) = ∑

n
i=1 F i

e(θ , v).

B. Contact Force and Contact Ratio

In this section, the catheter-tissue contact model based on
the PRB model introduced in Section III is formulated. The
origin of the contact frame is located at the contact point,
and its z-axis is in the outward surface normal direction, as
indicated by Fig. 2. The contact between the catheter and
the tissue surface is assumed as point contact with friction
(non-conforming), the contact Jacobian JC ∈ R3×3n relating
contact forces to joint torques [33] is given by:

JC = BT
c Adg−1

sc
Js

st , (10)

Adg−1
sc

=

[
RT

sc, −RT
sc p̂sc

0, RT
sc

]
, (11)

where the wrench basis Bc = [I3×3,03×3]T , Rsc and psc are
respectively the rotational and translational transformation
of the contact frame relative to spatial frame. gsc ∈ SE(3)
denotes the transformation of the contact frame relative to
spatial frame. Js

st is the spatial manipulator Jacobian.
The friction forces between the catheter tip and the tissue

surface is modeled by the Coulomb friction model. Let λc
denote the magnitude of the normal contact force, λ f 1 and
λ f 2 denote the tangential forces. In Coulomb friction model,
the friction cone is then given as:

FC = { fc ∈ R3 :
√

λ f 1
2 +λ f 2

2 ≤ µsλc}, (12)

where fc denotes the contact force and fc = [λ f 1 λ f 2 λc]
T , µs

denotes the Coulomb friction coefficient [33]. The friction
cone defines the set of “stable” contact forces which cause
no slippage between the catheter tip and the surface.

The relationship between the catheter joint configurations
and the actuation currents under joint torque Fe generated
by blood flow is described by the quasi-static equilibrium1

equation given as

N(θ) + Kθ − JT
C fc− τu − Fe = 0, (13)

where K is the stiffness coefficient matrix, and N is the
gravitational effect term. The contact force is then calculated
as:

fc = JT
C

†
(N(θ)+ Kθ − τu−Fe). (14)

where JT
C

† is the left pseudo-inverse of JT
C with JT

C
†
=

(JCJT
C )
−1JC.

The contact ratio σµ between friction force and normal
force is defined as:

σµ =
‖λ f ‖

λc
, (15)

where σµ ∈R. Then for contact forces with 0≤ σµ ≤ µs, the
contact force will remain inside the friction cone FC and the
catheter can sustain a stable contact with the tissue surface
at the target contact position.

1Since the catheter moves with low velocity and acceleration during
catheter ablation, the inertial and Coriolis forces are negligible, and therefore
can be neglected.
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V. PROBABILISTIC CONTACT STABILITY AND CONTACT
SAFETY METRICS

Given blood flow velocity samples and the flow direction,
the stability of the catheter’s contact with the tissue surface
is quantified using the probabilistic contact stability metric:

κσ = P(0≤ σµ ≤ µs), (16)

namely, the probability that the contact force between the
catheter tip and the tissue surface remains inside the friction
cone FC, or equivalently, the contact ratio remains 0≤ σµ ≤
µs, under given disturbances.

Similarly, the safety of the catheter’s contact with the
tissue surface is quantified using the probabilistic contact
safety metric:

κ f = P( fmin ≤ fnormal ≤ fmax), (17)

namely, the probability that the normal component of the
contact force between the catheter tip and the tissue surface
remains inside the range [ fmin, fmax], under given distur-
bances.

In this paper, sample based representations are used
to represent the blood flow and contact ratio probability
distributions for more easily accommodating non-Gaussian
probability distributions and non-linear transformations [34].
First, the samples of the blood flow velocity distribution,
{v[1], v[2], ..., v[Nv]}, are drawn from the blood flow velocity
probability density function pv, i.e., v[ j] ∼ pv. The corre-
sponding contact ratio samples {σ [1]

µ , σ
[2]
µ , ..., σ

[Nv]
µ }, which

represent the probability distribution of the contact ratio, pσµ
,

are then obtained from v[ j] using (4)–(15). Specifically, from
(4)–(6) and (14),

f [ j]c =−JT
C

†
n

∑
i=1

Jb
si

T AdRT
si

[
kiwv
03x1

]
v[ j]

2

+JT
C

†
(N(θ)+ Kθ − τu),

(18)

where ki denotes the flow drag coefficient for the i-th link
and ki =

1
2 ρCDiAi. The terms of (18) are grouped as:

f [ j]c = Jcvv[ j]
2
+qcv, (19)

where Jcv, qcv ∈ R3×1. (19) is then decomposed into its
components (in the contact frame) as:

f [ j]c1 = Jcv1v[ j]
2
+qcv1

f [ j]c2 = Jcv2v[ j]
2
+qcv2

f [ j]c3 = Jcv3v[ j]
2
+qcv3 .

(20)

where fc1, fc2 are the tangential components of the contact
force, fc3 is the normal component of the contact force. The
corresponding contact ratio sample can then be computed as:

σµ
[ j] =

√
f [ j]c1

2
+ f [ j]c2

2

f [ j]c3

. (21)

Fig. 3. (a) The left inferior pulmonary vein (LIV) blood flow velocity
profile calculated from the data reported in [35] using a distal diameter of
1.8 cm. The minimum and maximum blood flow velocities are 0.21 m/s
and 0.57 m/s, respectively. (b) Histogram of the 10,000 blood flow velocity
samples drawn from the blood flow velocity profile in (a).

Fig. 4. (a) The illustration of the blood flow directions in the tangential
plane. The directional angle α‖ is sampled in [0◦, 360◦]. (b) The illustration
of the blood flow directions in the plane perpendicular to the tangential
plane at α‖

′ = 90◦. α⊥ is varied in [30◦, 150◦]. At α⊥ = 90◦, the blood
flow direction is parallel to the tangential plane.

The probabilistic contact stability metric κσ for the given
blood flow disturbance is then:

κσ =
1

Nv

Nv

∑
j=1

Uσ (σµ
[ j]), (22)

where Uσ (y)= 1 if 0≤ y≤ µs, and 0 otherwise. Analogously,
the probabilistic contact safety metric κ f for the given blood
flow disturbance is given by:

κ f =
1

Nv

Nv

∑
j=1

U f ( f [ j]c3 ), (23)

where U f (y) = 1 if fmin ≤ y≤ fmax, and 0 otherwise.

VI. CONTACT STABILITY AND SAFETY ANALYSIS — AN
EXAMPLE SCENARIO

In this section, the contact stability and safety analysis
performed for a sample catheter-tissue contact scenario is
presented. Specifically, in the presented analysis, the effect of
the nominal (disturbance-free) contact force on the stability
and safety of the catheter-tissue contact under blood flow
disturbances is investigated for a specific catheter-tissue
contact configuration.

A. Contact Stability and Safety Analysis Scenario Setup

In this analysis scenario, we will investigate how the
contact stability and safety metrics vary for three nominal
normal contact force levels, namely, at 0.25 N (high), 0.20 N
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(moderate) and 0.10 N (low). Additionally, we will identify
the range of permissible nominal normal force levels to
maintain stable and safe catheter-tissue contact.

The parameters of catheter robot model used in this paper
are based on the parameters identified in [28] of our MRI-
actuated robotic catheter prototype. The mechanical model
of the catheter has 5 pseudo-rigid links, each with 20 mm
length, for a total length of 100 mm. The outer radius of the
robotic catheter is given as r = 1.58 mm. The blood flow
density used in this paper is given as ρ = 1.04×103 kg/m3

[36]. Since the length of each pseudo-link is equal, the drag
coefficient CD for each pseudo link is given as CD = 0.76
[31]. The coefficient of friction between the robotic catheter
and the atrial surface is given as µs = 0.2 as suggested by
[37].

In each case, the catheter is actuated to produce the corre-
sponding nominal normal contact force level in the absence
of disturbances using the contact force control algorithm
proposed in [7].

In the analysis, a distribution obtained by sampling of the
left inferior pulmonary vein2 (LIV) blood flow is used as
the underlying blood flow velocity distribution. Specifically,
10,000 velocity samples {v[i]} are drawn from the left inferior
pulmonary vein blood flow velocity profile reported in [35],
as shown in Fig. 3.

The blood flow direction varies substantially during the
cardiac cycle. Therefore, as part of the analysis to investigate
how the blood flow disturbances affect the stability and safety
of the catheter-tissue contact, we have also looked at the
variation of the contact stability and safety metrics for a
range of blood flow directions. Specifically: Let α‖ denote
the direction angle of the blood flow in the tangential plane
of the tissue surface at the contact point, and α⊥ denote the
direction angle in the plane perpendicular to the tangential
plane.3 The blood flow direction wv in spatial frame is then
given as

wv = Rs[ sin(α⊥)cos
(
α‖
)

sin(α⊥)sin
(
α‖
)

cos(α⊥) ]T

, where Rs ∈ SO(3) denotes the rotational transformation
from the surface frame to the catheter spatial frame. In this
study, we consider α‖ ∈ [0◦, 360◦] and α⊥ ∈ [30◦, 150◦], as
shown in Fig. 4.

B. Analysis Results

First, the contact stability metric κσ , and the contact safety
metric κ f are calculated for the nominal normal contact
force of 0.25 N (the upper limit of the range of normal
contact forces considered safe), under the LIV blood flow
disturbances for the flow directions being considered. As
presented in Fig. 5 (a), the probabilistic contact stability
metric κσ is 1 for all considered blood flow directions,
indicating a stable contact between the catheter tip and tissue

2Left inferior pulmonary vein is one of the four pulmonary veins
connected to the left atrium and is targeted in the pulmonary vein isolation
technique of the atrial fibrillation ablation procedure.

3α‖ and α⊥ can be thought as the azimuth and elevation angles for the
blood flow direction relative to the tissue tangent surface at the catheter tip.

Fig. 5. Results for nominal contact normal force magnitude of 0.25 N.
(a) The probabilistic contact stability metric κσ for blood flow directions
α‖ ∈ [0◦, 360◦] and α⊥ ∈ [30◦, 150◦]. (b) The probabilistic contact safety
metric κ f for blood flow directions α‖ ∈ [0◦, 360◦] and α⊥ ∈ [30◦, 150◦].
The catheter-tissue contact remains stable for all blood flow directions, but,
contact forces can fall outside the specified limits for some blood flow
directions.

surface under the potential LIV blood flow disturbances. The
resulting probabilistic contact safety metric κ f under the
blood flow disturbances are provided in Fig. 5 (b), where
the probabilistic contact safety metric κ f falls below 1 at
some directional regions (and actually equals 0 for some
directional regions), indicating unsafe catheter-tissue contact
forces.

In the next case, the contact stability and safety metrics
κσ and κ f are calculated for the moderate nominal normal
contact force (0.2 N). As shown in Fig. 6 (a) and (b), both
the contact stability and the contact safety metrics are equal
to 1 for all considered blood flow directions, indicating stable
contact with contact forces within the safe limits.

The lower force limit of 0.1 N is then tested under the
LIV blood flow disturbances. The resulting probabilistic
contact stability metrics and contact safety metrics over
different flow directions are presented in Fig. 7 (a) and (b),
respectively. As shown in Fig. 7 (a), with normal force of
0.1 N, the robotic catheter can still provide a stable catheter-
tissue contact over the considered blood flow directions.
However, the external joint torque created by the blood
flow disturbances in some directional regions can lead to
a normal force lower than the force limit of 0.1 N, pushing
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Fig. 6. Results for nominal contact normal force magnitude of 0.2 N.
(a) The probabilistic contact stability metric κσ for blood flow directions
α‖ ∈ [0◦, 360◦] and α⊥ ∈ [30◦, 150◦]. (b) The probabilistic contact safety
metric κ f for blood flow directions α‖ ∈ [0◦, 360◦] and α⊥ ∈ [30◦, 150◦].
The catheter-tissue contact remains stable and within specified contact force
limits for all blood flow directions.

the probabilistic contact safety metric κ f below 1, as shown
in Fig. 7 (b).

Finally, a catheter configuration under a low normal force
of 0.09 N is evaluated. The resulting probabilistic contact
stability and contact safety metrics with respect to the ex-
perimented flow directions are presented in Fig. 8. As shown
in Fig. 8 (a), potential slippage between the catheter tip and
tissue surface may occur for some blood flow directions, as
the probabilistic contact stability metric κσ < 1. At this level
of nominal normal force, normal forces can fall outside the
specified limits for all flow directions, as the contact safety
metric never reaches to 1 for any of the flow directions.

The simulation results presented in Fig. 5-7 show that
the catheter-tissue contact stability can be guaranteed with
nominal normal contact forces from 0.1 N to 0.25 N;
however, the blood flow disturbances can push the normal
force out of the desired force limits when the given normal
force approaches to the upper and lower force limits. A
further analysis performed by varying the nominal normal
contact forces and identifying the range of contact forces that
achieve κσ ≡ 1 and κ f ≡ 1, reveal that a minimum nominal
normal force of 0.12 N and maximum nominal normal force
of 0.23 N should be applied by the robotic catheter in order

Fig. 7. Results for nominal contact normal force magnitude of 0.1 N.
(a) The probabilistic contact stability metric κσ for blood flow directions
α‖ ∈ [0◦, 360◦] and α⊥ ∈ [30◦, 150◦]. (b) The probabilistic contact safety
metric κ f for blood flow directions α‖ ∈ [0◦, 360◦] and α⊥ ∈ [30◦, 150◦].
The catheter-tissue contact remains stable for all blood flow directions, but,
contact forces can fall outside the specified limits for some blood flow
directions.

to maintain stable and safe contact under the LIV blood flow
disturbances for the range of flow directions considered. The
distributions of the resulting normal forces under different
LIV blood flow directions for given nominal normal forces
of 0.12 N and 0.23 N are presented in Fig. 9.

In Fig. 9 (a) and (b) the distribution of the resulting normal
forces is presented when the LIV blood flow direction is
varied for the nominal normal contact force of 0.12 N. First,
in Fig. 9 (a), the flow direction is varied in the tangential
plane (α⊥ = 0◦) to identify the worst case tangential blood
flow direction, which occurs at α‖ = 104◦. Then, in Fig. 9
(b), the blood flow direction is varied in the perpendicular
plane for this particular tangential flow direction (α‖= 104◦),
where it can be observed that the force distribution range
reaches the lower bound of the safe normal force range
(0.1 N) at α⊥ = 112◦. Similarly, in Fig. 9 (c) and (d),
the histogram of the resulting normal forces under the LIV
blood flow perturbations is presented for the nominal normal
contact force of 0.23 N. In this case, the worst case tangential
flow direction is observed to be at α‖ = 281◦ (Fig. 9-c), and
the force distribution range reaches the upper bound of the
safe normal force range (0.25 N) at α⊥ = 66◦ (Fig. 9-d).
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Fig. 8. Results for nominal contact normal force magnitude of 0.09 N. (a)
The probabilistic contact stability metric κσ for blood flow directions α‖ ∈
[0◦, 360◦] and α⊥ ∈ [30◦, 150◦]. (b) The probabilistic contact safety metric
κ f for blood flow directions α‖ ∈ [0◦, 360◦] and α⊥ ∈ [30◦, 150◦]. The
catheter-tissue contact may lead to slippage for some blood flow directions
as there are regions of flow directions where the probability of stable contact
drops below 1; Contact forces can fall outside the specified limits for all
flow directions, since contact safety metric never reaches to 1 for any of
the flow directions.

VII. CONCLUSION

Understanding and analyzing the effects of blood flow
disturbances on stability and safety of catheter-tissue contact
is critical for development of robotic intravascular cardiac
catheter systems. In this paper, a probabilistic blood flow
disturbance model is introduced. In the proposed model, the
blood flow drag forces applied on the catheter body are
approximated using a quasi-static model. Building on this
blood flow disturbance model, probabilistic contact stability
and contact safety metrics, which employ a sample based
representation of the blood flow velocity distribution, are
defined. The proposed models and metrics are then employed
in an example scenario to analyze the catheter-tissue contact
stability and safety for a MRI-actuated robotic catheter in a
specific catheter-tissue contact configuration. The simulation
results show that the blood flow disturbances can greatly
affect the contact stability and contact safety of the MRI-
actuated robotic catheter.

Experimental validation of the proposed models and the
analysis framework is the natural next step for the pre-
sented research. The contact analysis results provided by

Fig. 9. (a) The histogram of the resulting normal contact forces when the
LIV blood flow direction is varied in the tangential plane (α‖ ∈ [0◦, 360◦],
with α⊥ = 0◦), for a nominal normal contact force of 0.12 N. The lowest
resulting normal contact force occurs at α‖ = 104◦. (b) The histogram of
the resulting normal contact forces when the blood flow is varied in the
perpendicular plane (α⊥ ∈ [30◦, 150◦]) for α‖ = 104◦. (c) The histogram
of the resulting normal contact forces when the LIV blood flow direction is
varied in the tangential plane (α‖ ∈ [0◦, 360◦], with α⊥ = 0◦), for a nominal
normal contact force of 0.23 N. The highest resulting normal contact force
occurs at α‖= 281◦. (b) The histogram of the resulting normal contact forces
when the blood flow is varied in the perpendicular plane (α⊥ ∈ [30◦, 150◦])
for α‖ = 281◦.

the proposed models and methods will be experimentally
validated using a prototype of our MRI-actuated robotic
catheter system as part of our subsequent research.

Although MRI-actuated robotic catheter system being de-
veloped by the investigators was considered as the underlying
example robotic catheter platform throughout the paper, the
proposed models and methods are broadly applicable to other
types of robotic catheters.

The presented formulation explicitly used a PRB model
of the catheter mechanics when deriving blood flow dis-
turbances and catheter-surface contact models (Section IV).
However, the formulation does not rely on any specific
inherent property of the PRB model, and hence can be
generalized to other types of models for catheter mechanics,
as long as appropriate Jacobians are available. Generalization
of the formulation to other types of catheter models will be
the subject of our future work.
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