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Abstract— While most modern-day quadruped robots crouch
their limbs during the stance phase to stabilize the trunk,
mammals exploit the inverted-pendulum motions of their limbs
and realize both efficient and stable walking. Although the
flexibility of the shoulder region of mammals is expected to
contribute to reconciling the discrepancy between the forelimbs
and hindlimbs for natural walking, the complex body structure
makes it difficult to understand the functionality of animal
morphology. In this study, we developed a simple robot model
that mimics the flexibility of shoulder region in the sagittal
plane, and we conducted a two-dimensional simulation. The
results suggest that the flexibility of the shoulder contributes
to absorbing the different motions between the forelimbs and
hindlimbs.

I. INTRODUCTION

Autonomous quadruped robots have great potential for
providing various physical services (e.g., patrolling, delivery,
and rescue) and have been developed globally, resulting
in the establishment of some commercial robots [1], [2],
[3]. As a fundamental locomotor strategy, most modern-day
quadruped robots are controlled such that the body trunk
is used to maintain their posture and height leveled for
stable walking. While maintaining the stability of the trunk
unit, each limb should support the body weight when in the
crouched posture during the stance period to reduce vertical
motion of the shoulder and hip. The stance with a crouched–
posture limb requires more energy than that with the elected
posture. Therefore, the crouched walking strategy makes
energetic issue more serious for the autonomous legged
robots to facilitate various services in the real world. Here,
the challenge is to simultaneously achieve the efficiency of
walking and stability of the trunk.

In contrast to modern–day quadruped robots, animal
morphologies are sophisticated, with heterogeneity along
the cephalocaudal (head-to-tail) direction, realizing versatile
tasks and adaptive locomotion for survive in the world. For
example, the head and neck allow animals to recognize
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Fig. 1. Anatomical characteristics of quadruped mammals. (a) Thoracic part
of ventral serrate muscle. This muscle connects the scapula to the rib cage in
the deep layer of the shoulder region, working as vertical suspension of the
forelimbs. (b) Trapezius muscle. This muscles connects the scapula to the
cervical and thoracic spine, generating horizontal motion of the forelimbs.

as well as approach environment independent of the trunk
posture during feeding tasks. Furthermore, Forelimbs and
hindlimbs are also specialized [4], [5]: while running and
jumping, hindlimbs generate more propulsive force; fore-
limbs can absorb the impact during landing from elevated
places [6], [7], [8], [9]. Our motivation is to understand the
functionality of animals’ heterogeneous morphology as well
as establish a new design principle for agile robots that can
perform various tasks in the real worlds.

The different connectivities to the trunk the forelimbs
and hindlimbs is a remarkable heterogeneity in animals’
morphology along the cephalocaudal direction. In cursorial
mammals, such as cheetahs and horses, there is no skele-
tal articulation between the forelimbs and the trunk [10].
As shown in Fig. 1 (a), the scapula is connected to the
chest through several muscles without skeletal articulations
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(i.e., shoulder hammock structure), while the hindlimbs are
connected to the pelvis via a deep ball-and-socket joint
(i.e., hip joint) [11]. To understand the functionality of the
flexible shoulder region, we have developed a quadruped
robot mimicking the flexible shoulder and evaluated the func-
tionality under the free-falling task from an elevated place
[12]. Although the robot experiments show that flexibility
of shoulder allows the robot to redirect the trunk motion
from down to up smoothly, the effects of shoulder hammock
structure on a walking task are still unclear.

Main contribution of the present study is to investigate
effects of flexible shoulder region on stable walking. In
walking task, each limb generate inverted–pendulum motions
at the shoulder or hip joints. Phase difference between cyclic
step motion between limbs will generate discrepancy of
vertical motion of the shoulder and hip. We hypothesize that
flexibility of the shoulder regions in the sagittal plane can
absorbe the the conflict between forelimbs and hindlimbs
through the trunk. Thus, we build a simple two-dimensional
(2D) simulation, and attempt to establish the relationship
between the flexibility of shoulder and locomotor perfor-
mances. Our results clearly show that the flexible shoulder
regions reconcile the inverted–pendulum motions between
the forelimbs and hindlimbs, and they suggest the occurrence
of stiffness control of the shoulder region depending on the
interlimb coordination patterns.

The rest of this paper is organized as follows. Section
II explains the anatomical characteristics of quadrupeds and
a developed minimal robot model for understanding func-
tionality of shoulder hammock structure in the walking task.
Section III shows the results of the simulation experiments.
Section IV presents the conclusions and future work.

II. MODEL

In this section, we consider the minimal element of robot
structure to address whether the walking task is moderated
by the flexibility in translational motion of the shoulder in the
sagittal plane. We first explain the anatomical characteristic
of quadrupeds, especially the shoulder region. Then we
determine the minimal element for robot design, and develop
2D model for mechanical and control system of the robot.

A. Anatomy of Shoulder Hammock Structure

A significant difference between the forelimbs and
hindlimbs is connectivity to the body, as shown in Fig. 1
(a). Hindlimbs are articulated to the pelvis via the deep ball-
and-socket (hip) joint, such that the ground reaction force
perceived by the hindlimbs would transmit directly to the
body, realizing rapid acceleration and large leaping [6], [7],
[8]. On the other hand, in the shoulder region of cursorial
mammals, the forelimbs connect the chest via some muscles.
Such absence of skeletal articulations between the forelimbs
and trunk is expected to play different roles from those of
the hindlimbs, e.g., shock absorption and maneuverability.

Regarding the details of the pectoral girdle, several mus-
cles connect the forelimbs and chest in different ways [13].
As shown in Fig. 1 (a), thoracic parts of ventral serrate

muscles are located in the deep layer, connecting the side
of the rib cage and the dorsal region of the medial surface
of the scapula. These muscles mainly suspend the chest to
support the body weight, i.e., shoulder hammock structure.
In contrast, trapezius muscles are located in the superfacial
layer, as shown in Fig. 1, and connect the scapula and dorsal
region of the trunk along an almost horizontal direction.
These superfacial muscles constraint the fore–aft motion of
the scapula and actuate to stabilize retracting and protracting
motions during the limb stride [14].

Furthermore, there are many other muscles connecting
between the forelimb and neck or trunk. For example,
the rhomboid muscle, the brachiocephalic muscle, and the
omotransverse muscle also connect the forelimb and the
neck. Besides, the pectoralis transversus muscle connects the
forelimbs and the ventral side of the chest, and generates
abduction motion of forelimbs in the transversal plane.
Although these muscles support forelimbs, the hardware
design may become too complicated to address the flexibility
of the shoulder in the sagittal plane. Therefore, we ignore the
effect of the neck and the three–dimensional (3D) motion of
forelimbs.

From the above, we consider the ventral serrate muscle
and trapezius muscle as the minimal anatomical elements to
address the flexible translational motion of shoulder in the
sagittal plane. For simplicity, we describe the connectivities
between forelimbs and chest as two different directions: ver-
tical connection as the ventral serrate muscle and horizontal
one as the trapezius muscle.

B. Mechanical System

According to the above simplification, we develop a
simple mechanical system of a quadruped robot for 2D
simulation as a mass–spring–damper system, as shown in
Fig. 2. The robot comprises two forelimbs, two hindlimbs,
and a rigid trunk. Each limb has two point masses: mfoot

i and
mtop

i . The parameter i is an index of the limb unit, e.g., for
forelimbs, i = 0,1, and for hindlimbs, i = 2,3. The motion
of each limb is generated by two actuators; for example,
rotational and prismatic actuators generate the limb stride
motion. The body also comprises point masses mbase

j , which
are connected by rigid prismatic springs and dampers (Kfix

pri ,
Dfix

pri), and rigid torsional spring and dampers (Kfix
rot and Dfix

rot),
respectively. Here, parameter j is an index for body point
masses; j = 0,1,2 presents the anterior part of the body,
while j = 3,4,5 represents the posterior part.

Note that each limb is connected to the trunk unit via
passive springs, i.e., the hammock structure. A vertical spring
and damper correspond to the chest part of the ventral serrate
muscle, while the horizontal parts correspond to the trapezius
muscle. To address the effects of different connectivities
between the fore and hindlimbs, the robot exhibits the
hammock structure not only in the shoulder region but also
in the hip region. The spring and damper coefficients of the
vertical parts of the proximal articulation of the forelimbs
(hindlimbs) are described as Kfore(hind)

v and Dfore(hind)
v , while
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Fig. 2. Mechanical model of a 2D robot. (a) Mass-spring-damper system.
Each proximal limb articulation is supported with the vertical and horizontal
springs and dampers. (b) Foot trajectory. (c) Phase oscillator for limb
control.

the horizontal parts are described as Kfore(hind)
h and Dfore(hind)

h ,
respectively.

The properties of vertical and horizontal parts of the
proximal articulation between the limb and trunk detect
whether the limb is connected to the trunk via the deep
ball-and-socket joint or flexible muscles. For example, high
Kfore(hind)

v and Kfore(hind)
h values indicate that the proximal

articulation works as the deep ball-and-socket joint, such as
a mammal’s hip joint. In contrast, the low Kfore(hind)

v and
Kfore(hind)

h values indicate that the proximal articulation works
as a flexible shoulder region of mammals.

Ground reaction force (GRF) is simplified as follows:

Nv,i =

{
−Kgndyi −Dgndẏi (yi < 0),
0 (otherwise), (1)

Nh,i = µNv,i(− tanhβ ẋi), (2)

where Nv,i and Nh,i are vertical and horizontal components
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Fig. 3. Hildebrand diagram [15]. Quadruped walking is classified by
two fundamental parameters: duty factor (DF) and diagonality (DI). While
legged animals exhibit walking gait when DF < 0.5, they run as DF > 0.5.
In terms of diagonality, while almost all mammals exhibit lateral sequence
walk (DI < 0.5), some primates exhibit diagonal sequence walk (DI > 0.5).
This figure was drawn in reference to Cartmill et al. [16].

of GRF applied at the i th limb; Kgnd and Dgnd are spring and
damper coefficients; and yi and xi is vertical and horizontal
position of foot, respectively. When Dgnd = 0, the foot
contacts the ground with elastic collision. The horizontal
component of the GRF Nh,i is modeled as Coulomb friction.
A parameter β represents sensitivity of Nh,i. The parameter
µ is a coefficient of friction.

C. Control System

In this study, we evaluate the functionality of the flexible
shoulder hammock region during a steady walking task. In
the following sections, each stride motion of the limb is
explained. Then, interlimb coordination (e.g., gait pattern)
is described.

Regarding stride motion of each limb, the foot point–mass
mfoot

i moves in a specific trajectory, as shown in Fig. 2 (b).
The periodic stride motion of the limb is described by a
parameter ϕi, i.e., the phase of a phase oscillator, as shown in
Fig. 2 (c). The phase of oscillator ϕi is evaluated as follows:

ϕ̇i = ωi, (3)

where ωi is the intrinsic angular velocity of the ith limb,
which is related to locomotion frequency. When ϕi = 0 ∼ π ,
the limb tends to become shorter and move forward, i.e., the
swing phase model. In contrast, when ϕi = π ∼ 2π , the limb
tends to become longer and move backward, i.e., the stance
phase model.

To investigate the functionality of difference in proximal
articulation during various walking gait patterns, we describe
the interlimb coordination using two fundamental param-
eters: duty–factor DF and diagonality DI [15], [16]. DF
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TABLE I
PARAMETERS IN SIMULATION

body controller
parameters unit values parameters unit values
mbase

j [kg] 3 ωsw [rad/s] 7.0
mfoot

i [kg] 0.5 Xoffset [m] 0
mtop

i [kg] 0.5 Xamp [m] 0.25
total body mass [kg] 22.0 Y offset [m] 0.7
trunk length [m] 1.3 Y amp [m] 0.1
leg length [m] 0.75 Y amp [m] 0.1
Kpri [N/m] 8.0×103 DF 0.7
Dpri [Ns/m] 5.0×102 DI 0.3
Krot [Nm/rad] 3.6×103

Drot [Nms/rad] 2.3×102

Kfix
pri [N/s] 2.3×102

Dfix
pri [Ns/s] 2.3×102

Kfix
rot [Nm/rad] 2.3×102 environment

Dfix
rot [Nms/rad] 2.3×102 parameters unit values

Kfore
v (flexible) [N/m] 5.0×103 Kgnd [N/m] 2.0×105

Kfore
h (flexible) [N/m] 2.5×103 Dgnd [N/ms] 1.0×101

Kfore
v (rigid) [N/m] 3.0×104 µ [Ns/m] 0.8

Kfore
h (rigid) [N/m] 1.5×104 β [s/m] 5.0

Khind
v [N/m] 3.0×104

Khind
v [N/m] 1.5×104

Dfore
v [Ns/m] 1.5×102

Dfore
h [Ns/m] 1.5×102

Dhind
v [Ns/m] 1.5×102

Dhind
h [Ns/m] 1.5×102

presents the ratio of stance periods during one stride cycle.
Here, DF = Tst/(Tst + Tsw), where Tst is the stance period
and Tsw is the swing period of one gait cycle. Diagonality
presents a stride–lag between a hindlimb and forelimb on the
ipsilateral side. If the left and right limbs move in anti-phase,
DI = 0.0 means pace gait, where the ipsilateral limbs move
synchronously. The various walking patterns, e.g., lateral-
sequence walk (LS walk) and diagonal–sequence walk (DS
walk), are described as DI = 0.25 and 0.75, theoretically, as
shown Fig. 3. To reflect the fundamental parameters DF and
DI into the limb controller, the intrinsic angular velocity ωi
is detected by DF and the initial phase ϕ init

i is detected by
DF and DI. The details of parameter detection are explained
in Appendix A.

To realize the walking patterns, each limb generates stride
motion based on the phase of the oscillator ϕi. The limb
position is described by ϕi, as follows:

x̄i = Xoffset +Xamp cosϕi, (4)
ȳi = Y offset +Y amp sinϕi, (5)

where x̄i and ȳi are the relative target positions of the feet
from the respective shoulder/hip joint, ϕi is the phase of the
oscillator, Xoffset and Y offset are constant values representing
the center position of the target trajectory, and Xamp and
Y amp are also constant values denoting the amplitude of
the periodic motion of the foot. When sinϕi > 0, the limb
becomes shorter and tends to lift off the ground (swing
phase). When sinϕi ≤ 0, the limb becomes longer and tends
to remain on the ground to support the body (stance phase)
(Fig. 2 (b)). According to Equation (4) and (5), the reference
angle and length of the prismatic and rotary actuators are
calculated as follows:

l̄i =
√

x̄2
i + ȳ2

i , (6)

θ̄i = sin−1(ȳi/l̄i). (7)

The torque τi and force Fi of the limb are calculated using
the following equation:

τi = Krot(θ̄i −θi)−Drotθ̇i, (8)
Fi = Kpri(l̄i − li)−Dpri l̇i, (9)

where Krot and Drot are the spring and damper coefficients
of the hip (shoulder) joint of the limb, Kpri and Dpri are the
spring and damper coefficients of the prismatic joint of the
limb, θi is the actual angle of the hip (shoulder) joint, and
li is the actual length of the limb.

III. SIMULATION EXPERIMENTS

In this section, we show the 2D simulation conducted
to evaluate the effect of the flexible shoulder hammock
structure during walking gait. Furthermore, we investigate,
by using the developed robot model, why most mammals
have flexible proximal articulations in the anterior part of
the body (shoulder) and not the posterior part (hip).

A. Reconciliation of Stride Motions between Forelimbs and
Hindlimbs by Shoulder Hammock Structure

This simulation experiment aims to understand the effects
of the shoulder hammock structure during the walking task.
According to our hypothesis, a flexible shoulder can rec-
oncile the different up–down motions between the forelimbs
and hindlimbs during walking. As the alternating walk–steps
by left and right limbs are described as an inverted pendulum
model, a mammals’ forelimb unit (i.e., chest) and hindlimbs
unit (i.e., hip) also exhibit periodic motion along the vertical
direction. Therefore, when the diagonality DI is neither 0.0
nor 0.5, the body should solve discrepancy in vertical motion
between the forelimbs and hindlimbs. In such a situation, the
flexibility of the shoulder hammock structure would absorb
the different motions of limbs, resulting in a smooth walking
sequence.

To this end, we set the walking gait as (DF,DI) =
(0.7,0.3), referring the horse line in the Hildebrant diagram
as shown in Fig. 3. To address the function of shoulder
flexibility, we compare two shoulder properties: for flexible
shoulder (Kfore

v ,Kfore
h ) = (5.0× 103,2.5× 103), whereas for

rigid shoulder (Kfore
v ,Kfore

h ) = (3.0× 104,1.5× 104). Other
body and control parameters are set as shown in Table I.

Figure 4 shows the locomotor patterns of the robot with
rigid and flexible shoulders. With the rigid shoulder property,
proximal articulations at the shoulder and hip regions do
not deform, and each limb induces vertical motions of the
shoulder and hip, as shown in Fig. 4 (a). Because the anterior
and posterior parts of the body move independently, the trunk
unit changes its posture largely in the pitch direction after
each step. In contrast, the robot with a flexible shoulder
exhibits deformation of the shoulder hammock structure in
the forelimb step, as shown in Fig. 4 (b), avoiding conflicts
between the forelimb and hindlimb motions through the trunk
unit. Note that the displacements of the shoulder hammock
structure correspond quantitatively to the actual mammals ’
behaviors, especially the Felidae family. The locomotion
speed of the robot with a flexible shoulder achieved 0.52
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Fig. 4. Snapshots of walking robot (a) with rigid shoulder (Kfore
v ,Kfore

h ) = (3.0× 104,1.5× 104) and (b) with flexible shoulder hammock structure
(Kfore

v ,Kfore
h ) = (5.0×103,2.5×103). The robot with a flexible shoulder structure shows extension of elastic parts during the stance phase of the forelimb.

In both simulations, the gait patterns correspond to LS walk, (DF,DI) = (0.7,0.3), and ωsw = 7.0.
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Fig. 5. Changes in height of center of mass (COM) and fore and hindlimbs. (a) Robot with rigid shoulder (Kfore
v ,K f ore

h ) = (3.0×104,1.5×104). (b) Robot
with flexible shoulder (Kfore

v ,Kfore
h ) = (5.0× 103,2.5× 103). The horizontal component of velocity of COM is shown in the middle graph. The colored

regions in the gait diagrams indicate that a limb touches the ground.

[m/s], whereas the speed with the rigid one remained at 0.44
[m/s].

Figure 5 shows displacements of the point masses in
the trunk unit and gait diagrams during walking with each
shoulder property. As shown in Fig. 5, the anterior and
posterior parts of the trunk move independently in the
vertical direction. Due to the physical conflict between the
fore and hind parts, the profile of the COM displacement
and gait diagram has small fragments over walking cycles.
Regarding the horizontal movements of the robot, the hori-
zontal velocity of COM changes not periodically. In addition,
it becomes negative values during the stance of forelimbs.
These fact represent the discrepancy in horizontal movements
of the robot body. In contrast, the flexible shoulder hammock
unit reconciles the inverted–pendulum motions between the
forelimbs and hindlimbs, as shown in Fig. 5 (b). The dis-
placement of the anterior trunk engages the posterior part,
resulting in smooth motion of the COM and feasible gait
diagrams. The horizontal velocity of COM becomes more

cyclic than that with the rigid shoulder. Although the velocity
still decreases during the middle of the forelimb’s stance
phase, it keeps positive values.

These results suggest that the flexible shoulder hammock
structure contributes to reconciling the inverted–pendulum
motions between the forelimbs and hindlimbs during lateral
sequence walking.

B. Evaluation of Asymmetry Flexibilities between Shoulder
and Hip Regions

The results of the above simulation experiments show the
functionality of the shoulder hammock structure during walk-
ing. Here, another question arises: why most animals have
flexibility in the shoulder region, not the hip region? In this
section, we explore the possibility of designing the flexibility
of proximal limb joints over various walking patterns. More
specifically, we conduct a grid search where the robot walks
with various combinations of flexibilities in shoulder and hip
regions, and we evaluate it in terms of locomotion speed and
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cost of transport (COT). To reduce the number of search
parameters, we assume that K f ore(hind)

h = 1/2K f ore(hind)
v and

that the other body parameters are the same as those listed
in Table I.

A criterion, COT defined by [17], is calculated as follows:

COT =
1

Dmg

∫ T

0
P(t)dt, (10)

where D [m] is the distance traveled over a period T [s],
m [kg] is the total mass of the robot, and g [m/s2] is the
gravitational acceleration. The power consumption of the
actuator, P [W], is estimated by referring to [18], as follows:

P(t) = ∑
i

(
χ(τi(t)θ̇i(t)))+ γτ2

i (t)
)
, (11)

χ(z) =

{
0 (z ≤ 0),
z (z > 0), (12)

where γ is a positive constant related to the energy consump-
tion caused by heat emission. In this simulation, the constant
values for the rotary and prismatic actuators, γ rot = 0.001
and γpri = 0.002, respectively, are determined such that the
positive work at the actuator becomes of almost the same
order as that of the heat dissipation.

Figure 6 (a) and (d) shows the dependence of locomotion
speed and COT on the proximal joints’ stiffness during
LS walking (i.e., (DF,DI) = (0.7,0.3)). As shown in the
above results (Fig. 4 and Fig. 5), the robot with a flexible
shoulder and rigid hip (e.g., (Kfore

v ,Khind
v ) = (5.0×103,2.5×

104)) achieves faster locomotion speed and efficient walking
among other stiffness combinations. In contrast, the robot
with a rigid shoulder and flexible hip exhibits unstable

walking, and thus, falls down (e.g., (Kfore
v ,Khind

v ) = (2.5×
104,5.0× 103)). Note that the white blank observed in the
results of the grid search (Fig. 6) indicates that the robot falls
down due to unstable locomotion.

Furthermore, the different walking patterns produce a
different tendency of the body properties on the locomotion
performance. When the diagonality becomes DI = 0.4 and
0.5, as shown in Fig. 6 (b), (c), (e), and (f), the robot
with a stiff shoulder and hip also achieves fast and efficient
locomotion (e.g., (Kfore

v ,Khind
v ) = (2.5×104,2.5×104)). This

is because the stride motions of the forelimbs and hindlimbs
proceeded almost synchronously, making the discrepancy
through the trunk smaller than that obtained by walking by
DI = 0.3. The combination of rigid shoulder and flexible hip
still exhibits low locomotor performance.

The above results suggest that the functionality of the
shoulder hammock structure changes depending on the gait
patterns for stable locomotion. During LS walking gait,
where the forelimbs and hindlimbs generate vertical motion
of the trunk independently, the flexibility of the shoulder
hammock structure contributes to absorbing the discrepancy
at the trunk. In contrast to the absorb function, during trot-
ting(pacing) gait, where the diagonal(ipsilateral) forelimbs
and hindlimbs move synchronously (DI = 0.5 or 0.0), the
stiffness of the shoulder hammock structure should be high
like the hip region, so that the dynamics of the forelimbs
correspond to those of the hindlimbs for stable locomotion.
This adjustment is the other functionality of the shoulder
hammock structure, namely consistency of the white body.
To change these functionalities, the stiffness of the shoulder
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hammock structure should be changed from soft to stiff
during gait transition to walking to trotting(pacing).

IV. CONCLUSIONS AND FUTURE WORK

The main contribution of this study is to demonstrate
by using 2D simulation that the flexibility of translational
motion of the shoulder in the sagittal plane moderates stable
walking. Particularly, the simulation results suggest two fun-
damental functions of the shoulder hammock structure during
various walking patterns. The first function is reconciliation
of the inverted pendulum motions between the forelimbs
and hindlimbs during LS walking. The second function is
to correspond the stiffness of the forelimbs to that of the
hindlimbs for stable trotting (pacing) gait (i.e., DI = 0.5,0.0).
These insights help us understand animals’ shoulder ham-
mock structure and its behaviors, because mammals show
diversities in the shape and motion of the scapula depending
on the species: feline families exhibit large range of motion
of scapula, while horse families exhibit small range one [11],
[19].

In addition to functionalities of the shoulder hammock
structure during walking gait, the simulation results also
suggest the possibility of stiffness control. The scapula is
connected to the chest through many muscles. Therefore,
the stiffness of the hammock structure is likely to change its
physical property as the muscles around the knee can adjust
the stiffness of the knee joint depending on the situation
[20], [21]. We expect that our minimal model involving the
hammock structure would shed new light on the control
scheme for an agile legged robot that can exploit a flexible
whole–body system.

For further work, we evaluate the functionalities of the
shoulder hammock structure during the walking task by using
the developed robot [12] as well as extend the model from
2D plane to 3D space. In 3D locomotion, we expect that the
shoulder hammock structure may contribute the stability in
the walking task. This is because the inverted–pendulum mo-
tion is a fundamental phenomenon in the legged locomotion
in the both 2D plane and 3D space. Furthermore, we believe
that the hammock structure would contribute to stability in
rolling and twisting motions of the trunk: the trunk twists
in trotting gait while it rolls in pacing gait. Besides, we will
address the effects of the shoulder hammock structure during
the high–speed running, landing task after leaping over some
obstacles, and rapid turning [22], [23], [24].
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APPENDIX A: WALKING PATTERNS　
FOR PHASE OSCILLATORS

To reflect the duty factor DF , this study employs different
intrinsic angular velocities ωsw and ωst for the swing phase

model and stance phase model for the phase oscillator. Each
period of the swing and stance phases can be described as
Tst = π/ωsw and Tst = π/ωst, respectively. Therefore, the
relation between ωsw and ωst is detected as follows:

Tst = DF(Tsw +Tst), (A.1)
π/ωst = DF(π/ωsw +π/ωst), (A.2)

DFπ/ωsw = (1−DF)π/ωst, (A.3)

ωsw =
DF

1−DF
ωst. (A.4)

Thus, the intrinsic angular velocity ω is described as follows:

ωi =

{
ωsw (sinϕi > 0),
ωst (sinϕi ≤ 0), (A.5)

To reflect the diagonality DI, the initial phase ϕ init
i for

each oscillator is detected as follows:

ϕ init
0 = ϕ init

2 −∆ϕsw, (A.6)
ϕ init

1 = ϕ init
3 −∆ϕst, (A.7)

ϕ init
2 =

π
2
, (A.8)

ϕ init
3 =

3π
2
, (A.9)

where ∆ϕsw and ∆ϕst are the specific phase differences
between the fore and hindlimbs. Here, we assume that the
bilateral limbs (e.g., left and right fore/hind limbs) move in
anti-phase. The specific phase difference between the limbs
is described as follows:

∆ϕsw =

{
Tdωsw (Tdωsw ≤ π/2),
π
2 +(Td − π/2

ωsw
)ωst (Tdωsw > π/2),

(A.10)

∆ϕst =

{
Tdωst (Tdωst ≤ π/2),
π
2 +(Td − π/2

ωst
)ωsw (Tdωst > π/2).

(A.11)

Here, the parameter Td is the lag period between a hindlimb
and forelimb on the ipsilateral side, which can be detected
by DI, Tsw, and Tst values as follows:

Td = DI(Tst +Tsw). (A.12)
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